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OZET
ASIMETRIK METRIK UZAYLAR
Fikriye INCE DAGCI

Bu tez calismasinda, ilk olarak asimetrik metrik uzaylardaki temel kav-
ramlardan yola gikilarak bu uzaylar iizerinde tanimh fonksiyon dizilerinde
bazi sonucglara ulasilmis ve bu sonuglardan yararlanilarak fonksiyon dizi-
lerinin diizgiin yakinsakhg icin bir Cauchy o6lgiitii verilmistir. Sonrasinda
asimetrik metrik uzaylarda kuazi-Cauchy ve istatistiksel kuazi-Cauchy di-
zileri tanimlanmig, bu dizilerden faydalanilarak yukar: (asagi1) kompaktlik
ve istatistiksel yukar: (asagi1) kompakthik kavramlar: ele alinmis ve tam si-
nirlilik i¢in gerek ve yeter bir kosul sunulmustur. Ayrica, asimetrik metrik
uzaylarda yukar1 (asagi) siirekli fonksiyon tanimlari verilerek bu fonksi-
yonlarla ileri (geri) siirekli fonksiyonlarin iligkisi incelenmistir. Sonrasinda

asimetrik metrik uzaylarda bir sabit nokta teoremi elde edilmistir.

Son olarak, genel kompakt olmama 06lgiisii kavrami asimetrik metrik uzay-
larda ele alinmis olup, 6ncelikle bu uzaylarda Kuratowski ileri ve geri kom-
pakt olmama oOlgiileri tanimlanmis ve bu oOlgiilere ait elde edilen baz1 temel
sonuglar yardimiyla asimetrik metrik uzaylarda Genellestirilmis Arzela-
Ascoli Teoremi ifade ve ispat edilmistir. Daha sonra, asimetrik metrik
uzaylarda Hausdorff ileri ve geri kompakt olmama oOlgiileri tanimlanmis ve

bu Olgiilere ait bazi1 temel sonucglar elde edilerek, Kuratowski ve Hausdorff



ileri ve geri kompakt olmama o0lgiileri igin gecerli olan Genellestirilmis

Cantor Kesigsim Teoremi tipi bir teorem verilmistir.

Anahtar Kelimeler : asimetrik metrik uzay, kuazi-Cauchy dizisi, is-
tatistiksel kuazi-Cauchy dizisi, kompakt olmama 0lgiisii, Genellestirilmis

Arzela-Ascoli Teoremi.
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ABSTRACT
ASYMMETRIC METRIC SPACES
Fikriye INCE DAGCI

In this thesis, firstly, starting from the basic concepts in asymmetric metric
spaces, some results have been obtained on function sequences defined on
these spaces and by using these results, a Cauchy criterion has been given
for the uniform convergence of function sequences. Then, quasi-Cauchy
and statistical quasi-Cauchy sequences have been defined in asymmetric
metric spaces, by using these sequences, the concepts of upward (down-
ward) compactness and statistical upward (downward) compactness have
been discussed and a necessary and sufficient condition for totally boun-
dedness has been presented. In addition, upward (downward) continuous
function definitions have been given in asymmetric metric spaces and the
relationship between these functions and forward (backward) continuous
functions has been investigated. Then, a fixed point theorem has been

obtained in asymmetric metric spaces.

Finally, the concept of general measure of non-compactness is discussed
in asymmetric metric spaces, firstly Kuratowski forward and backward
measures of non-compactness are defined in these spaces and with the help
of some basic results obtained from these measures, Generalized Arzela-

Ascoli Theorem is stated and proved in asymmetric metric spaces. Then,
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Hausdorff forward and backward measures of non-compactness are defined
in asymmetric metric spaces and some basic results obtained from these
measures, a theorem of the type Generalized Cantor Intersection Theorem
is given which is valid for Kuratowski and Hausdorff forward and backward

measures of non—compact ness.

Keywords : asymmetric metric space, quasi-Cauchy sequence, statis-
tically quasi-Cauchy sequence, measure of non-compactness, generalized

Arzela-Ascoli theorem.
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